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Abstract—Edge computing refers to data storage and processing 
at the edge of a network instead of cloud data centers. In edge 
computing, user data can be preprocessed to reduce the network 
traffic and load of the cloud system. Module deployment scheme 
is vital in edge computing since it has a significant effect on the 
performance and the resource utilization of the edge computing 
system. Our objective is to maximize satisfied user requests under 
the constraints of limited communication bandwidth and storage 
capacity of devices where the modules are deployed. Since the op-
timization problem is NP-hard, we propose a heuristic algorithm 
based on relaxation and rounding techniques to solve this prob-
lem. The simulation results show that our algorithm satisfies more 
user requests than previous work. 
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Nonlinear Programming; Bandwidth Guarantees 

I.  INTRODUCTION 

The concept of edge computing has been introduced in re-
cent years [1, 2]. Edge computing is a method of optimizing 
cloud computing systems by pushing computing power and 
storage capacity to the edge of a network, near the source of 
data. In edge computing, servers at edge network help to pre-
process user data, which can reduce increasing amount of ap-
plication traffic and enhance user privacy of applications in-
volving private data. Furthermore, the performance of latency-
sensitive applications is improved by edge computing because 
of short geographic distance to computing function. 

In current cloud computing and edge computing networks, 
virtualization is one of the key components. Virtualization ab-
stracts hardware that allows multiple workloads to share a com-
mon set of resources. More specifically, server virtualization al-
lows multiple virtualized modules, which provide services to be 
collocated in a single physical server while maintaining full iso-
lation from each other. For brevity, we call virtualized modules 
as modules in the rest of this paper. With virtualization technol-
ogy, network operators can simply deploy or migrate the mod-
ules to achieve better resource utilization, load balance, and en-
ergy efficiency [3].  

Previous work on edge computing covers a variety of as-
pects. Some works [4-6] are about edge computing architecture 
implementation, some of them such as [7, 8] focus on virtual-
ization technologies used in edge computing infrastructure. 
There is also research like [9] that study module scheduling in 
edge computing environment. It is no doubt that there would 
arise a need for further research to meet the challenges evolving 
from cloud computing into edge computing. Currently, the 
computational and storage capacity in edge computing are not 
as high as the ones in cloud computing. With the explosive 
growth of the Internet of Things (IoTs) applications, the re-
source in cloud and edge computing such as storage capacity or 
network bandwidth will gradually become insufficient to sup-
port applications. Due to the reasons given above, there arises a 

need to schedule modules more carefully in edge computing. 
Our research is highly motivated by the above requirement. 

In this paper, we investigate the module deployment prob-
lem in edge computing platform. Our objective is to maximize 
the number of satisfied user requests. To serve a set of user re-
quests, the central server needs to deploy all required modules 
to the devices of edge computing platform and the modules on 
devices would collaborate to complete the user requests. Since 
there are traffic flows between modules, we also consider the 
bandwidth capacity constraint of each device on the platform. 
We formulate the problem as an integer nonlinear programming 
(INLP) problem. However, the optimal solution of this problem 
is intractable. We devise an algorithm with the use of linear pro-
gramming (LP) relaxation and rounding scheme to solve this 
problem. We evaluate the performance of our algorithm by sim-
ulations and the simulation results show that our algorithm has 
better performance than alternative approaches. 

The rest of this paper is organized as follows. In Section II, 
we discuss the related work. In Section III, we define our prob-
lem and present the module deployment algorithm. In Section 
IV, we evaluate the performance of our algorithm with simula-
tions. Finally, Section V concludes this paper. 

II. RELATED WORK  

There is research in earlier years presenting similar concept 
about edge computing such as cloudlet [10] and fog computing 
[11]. Recently, there are studies about edge computing archi-
tecture implementation [4-6]. Although the above research pre-
sent different paradigms involving edge network, the main 
goal of all the research is the same and is to optimize cloud 
computing systems by performing data processing at the edge 
of the network. In addition to the studies about edge network 
paradigm, some research focuses on virtualization technolo-
gies used in edge computing infrastructure [7, 8]. Currently, 
there are two kinds of popular virtualization: the traditional vir-
tual machine (VM) such as Xen and KVM and emerging con-
tainer technology like LXC and Docker. For VMs, they run not 
just a full copy of an operating system, but a virtual copy of all 
the hardware that the operating system needs to run; therefore, 
VMs would take up a lot of system resources. As for container, 
it is a lightweight virtualization technology and has advantages 
that it requires fewer resources and can be set up in a short time 
compared to VMs.  

The authors in [9] study module deployment algorithm 
(MDA) in fog computing platform. They implement the sys-
tem with a server as the controller and some Raspberry Pi IoT 
devices to collect sensing data. In addition, the authors formu-
late module deployment problem as an INLP problem and pro-
pose a heuristic algorithm to solve it in polynomial time. The 
problem aims at maximizing satisfied request. However, dif-
ferent from our work, the problem does not consider bandwidth 



constraint, which is an important factor of the performance in 
edge computing systems. 

There are two popular bandwidth provisioning models ap-
plied in current research. The so-called pipe model [12] guar-
antees bandwidth between pairs of VMs. The traffic demand is 
expressed as a matrix of bandwidth requirements between each 
pair of VMs. The hose model is a less complex model [13]. In 
hose model, traffic demand is only expressed as aggregate in-
coming traffic to one endpoint (ingress traffic) or outgoing 
traffic from one endpoint (egress traffic). When the traffic flow 
is predictable and stable, the pipe model can precisely capture 
the application traffic needs. However, it is usually difficult for 
network operators to measure and predict the actual traffic ma-
trix [14]. Also, the implementation of pipe model provisioning 
has increasing high complexity when the number of endpoint 
increases. The hose model has advantages of ease of specifica-
tion and flexibility. In hose model, the data to and from a given 
hose endpoint can be distributed arbitrarily over other end-
points. Thus, we adopt hose model in the paper to specify the 
bandwidth requirement of each module. In our considered 
problem, each module would have ingress and egress band-
width requirement.  

III. ALGORITHMS 

3.1 Problem Formulation 

 We consider our problem in edge computing. There is a 
powerful server, namely controller, and many heterogeneous 
devices on the edge computing platform. The platform can re-
ceive requests from users and then the controller would ana-
lyze the requests and deploy specific modules on devices to 
fulfill the user jobs. Since the device resources such as storage 
and network bandwidth are limited, the controller needs to de-
ploy modules on suitable devices to make use of system re-
sources efficiently and try to satisfy as many user requests as 
possible. The platform can be used as a micro data center at 
edge network and serve user requests or perform data prepro-
cessing to alleviate the loading of cloud networks. 

Let R denote the set of all user requests. Each request ݎ ∈
ܴ requires ܯ௥ ⊆  ௥ܯ modules, that is, only the modules in ܯ
can collaborate to satisfy the request r. Let M denote the set of 
all modules. Let D denote the set of all devices and each device 
has storage capacity ܥௗ which indicates the number of mod-
ules that can be loaded in a device d. This is because, we as-
sume each module has the same size for simplicity.  Note that, 
each module m is deployed at most on one device d. The mod-
ules in ܯ௥ would communicate with each other to satisfy user 
request r, so we consider the module deployment problem with 
network bandwidth constraint. We denote the aggregation in-
gress traffic of each module m as ߙ௜௡ሺ݉ሻ and the aggregation 
egress traffic as ߙ௢௨௧ሺ݉ሻ in terms of data bits per unit time. 
Note that, a module m can be used by more than one request. 
In this paper, both ߙ௜௡ሺ݉ሻ and ߙ௢௨௧ሺ݉ሻ stand for amount of 
maximum ingress and egress traffic volume. For device band-
width, each device d has bandwidth capacity ߚ௜௡ሺ݀ሻ  and 
-௢௨௧ሺ݀ሻ denoting ingress bandwidth capacity and egress bandߚ
width capacity in terms of data bits per unit time, respectively. 
The controller will deploy modules on devices for each request 
in the edge computing platform. Moreover, the modules in ܯ௥ 
have to be deployed on user-specified devices ܦ௥ ⊆   .ܦ

With the above definitions, the module deployment prob-
lem can be formulated as an INLP problem as follows.  

ݔܽ݉
	

∑ ∏ ௥,௠௠∈ெೝ௥∈ோݕ                                         (1a) 

st:  ݕ௥,௠=∑ ௠,ௗௗ∈஽ೝݔ ݎ∀ , ∈ ܴ, ∀݉ ∈  ௥                  (1b)ܯ

∑ ௠,ௗௗ∈஽ݔ ൑ 1, ∀݉ ∈  (1c)                                     ܯ

∑ ௠,ௗ௠∈ெݔ ൑ ݀∀ ,ௗܥ ∈  (1d)                                   ܦ

∑ ௜௡ሺ݉ሻ௠∈ெߙ ௠,ௗݔ ൑ ݀∀ ,௜௡ሺ݀ሻߚ ∈  (1e)                  ܦ

∑ ௢௨௧ሺ݉ሻ௠∈ெߙ ௠,ௗݔ ൑ ݀∀ ,௢௨௧ሺ݀ሻߚ ∈  (1f)              ܦ

,௠,ௗݔ ௥,௠ݕ ∈{0, 1}, ∀݉ ∈ ݀∀ ,ܯ ∈ ݎ∀ ,ܦ ∈ ܴ                       (1g) 

The objective function (1a) is to maximize the satisfied re-
quests, where binary decision variable ݕ௥,௠ indicating if mod-
ule m in ܯ௥  has been deployed on any device in ܦ௥ . In con-
straint (1b), ݔ௠,ௗ  is a binary decision variable indicating if 
module m is deployed on device d. Constraint (1c) means that 
each module m is deployed at most on one device d. Constraint 
(1d) guarantees that the assigned number of modules cannot 
exceed the device storage capacity. Constraint (1e) and (1f) en-
sure that the aggregated module traffic on a device d should 
not exceed its bandwidth capacity for both ingress and egress 
directions. Constraint (1g) indicates that ݔ௠,ௗ and ݕ௥,௠ are bi-
nary decision variables, which makes the formulation problem 
as an integer programming problem. Since the binary terms 
 ,௥,௠ belonging to the same request are multiplied by each otherݕ
the objective function (1a) is a nonlinear form.  

The above problem is a variation of the NP-hard 0/1 multi-
ple knapsack problem [15]. We have limited knapsack (devices) 
capacity, and want to pack as many items (modules) as possi-
ble, thus, getting more profits (satisfied requests). Since our 
problem is NP-hard, it costs high computational effort to find 
the optimal solution. Hence, we develop a Bandwidth guaran-
teed Module Deployment Algorithm (BMDA) in polynomial 
time to get a feasible solution. 

3.2 LP Relaxation 

The primary idea of our method to solve the INLP problem 
is based on LP relaxation and rounding method. We relax the 
INLP formulation to an LP formulation first and solve the re-
laxed formulation with problem input by an LP solver. Then, 
we get fractional solution given by solver and try to round the 
solution with our proposed algorithm.  

Due to the nonlinear nature of our objective function as 
stated in 1(a), the request r is satisfied if all binary terms ݕ௥,௠ 
belonging to the request r equal to one. In short, a request r is 
satisfied when all its modules in ܯ௥ are deployed on the spe-
cific devices ܦ௥. We use a trick to transform the objective func-
tion (1) by replacing product operator with summation and ob-
tain a new form in (2). The objective function (2) with con-
straints (1b) - (1g) is equivalent to the original problem formu-
lation; we get the same result when all decision variables ݔ௠,ௗ 
are determined by the same value. Instead of multiplying all 
 ௥,௠ belonging to the same request r, we add them together andݕ
divide the summation with |ܯ௥|, which is the number of mod-
ules in request r. Then, we add a floor function and get the ob-
jective function (2). When all ݕ௥,௠ belonging to the request r 
are equal to one, then උ∑ ௥|௠∈ெೝܯ|/௥,௠ݕ ඏ has a value 1, other-
wise 0. 

ݔܽ݉
	

∑ උ∑ ௥|௠∈ெೝܯ|/௥,௠ݕ
ඏ௥∈ோ                               (2) 

However, the formulation in (2) is nonlinear too because of 
the floor function. Thus, we relax the formulation by removing 
floor function. With the relaxation, we get an objective func-
tion in linear form. At last, we relax binary decision variables 
 ௠,ௗ by allowing them to take any real value in [0, 1] and getݔ



a continuous linear programming that can be solved in polyno-
mial time. 

3.3 Algorithm BMDA 

The pseudo-code of our proposed algorithm is described in 
Algorithm BMDA. There are three procedures in BMDA. First, 
we solve the LP problem by an LP solver and get the fractional 
solution ݔ} = ′ݔ′௠,ௗ |݉ ∈ ݀ and ܯ ∈  Second, we .(line 3) {ܦ
try to round the fractional decision variables ݔ′௠,ௗ  with de-
signed rounding method (line 5). Last, we update the problem 
input data to a new one by removing the deployed modules and 
satisfied requests (line 7). The algorithm BMDA iteratively 
carries out the three procedures to get a deployment solution 
until no feasible fractional solution exists (line 12) or the 
rounding procedure cannot round any fractional decision vari-
ables ݔ′௠,ௗ (line 9). There are two conditions to determine the 
process of the algorithm BMDA. First, we check that if the LP 
solver outputs a fractional solution (line 4) after calling the LP 
solver to solve the relaxed problem. If there is a feasible frac-
tional solution given by the LP solver, the algorithm BMDA 
executes the next procedure, the rounding method (line 5). If 
there is no feasible fractional solution for rounding, the algo-
rithm BMDA should terminate (line 12). Second, we check 
that if at least one decision variable ݔ௠,ௗ has been updated, i.e. 
deploying at least one module (line 6) after calling the round-
ing method. If at least one decision variable ݔ௠,ௗ has been up-
dated in current iteration, the algorithm BMDA executes the 
next procedure to update problem input (line 7). If no decision 
variable ݔ௠,ௗ has been updated, i.e. deploying no any module, 
the algorithm BMDA should terminate (line 9).  

Algorithm BMDA 

Input: ܴ; ܯ ;ܦ ;ܯ௥; ܦ௥; ܥௗ; ߙ௜௡ሺ݉ሻ; ߙ௢௨௧ሺ݉ሻ; ߚ௜௡ሺ݀ሻ; ߚ௢௨௧ሺ݀ሻ; 
ௗܲ; ܲ_݅݊ௗ; ܲ_ݐݑ݋ௗ; 

Output: The module deployment solution ݔ}= ݔ௠,ௗ |݉ ∈  and ܯ
݀ ∈  {௠,ௗ=1ݔ ;ܦ
1. final←false; 
2. while !final do 
3.     Call an LP solver to solve the relaxed problem; 
4.     if a feasible fractional solution ݔ} = ′ݔ′௠,ௗ |݉ ∈   and ܯ

݀ ∈  exists then {ܦ
Call Rounding method to round the fractional solution ݔ′;

5. if at least one decision variable ݔ௠,ௗ         has been ݔ ∋
6. updated in rounding method then 
7.          Update input data by removing deployed modules and 

satisfied requests; 
8.         else 
9.             final←true; 
10.         end if 
11.     else 
12.         final←true; 
13.     end if 
14. end while 

3.3.1   Rounding Method 

After solving the relaxed formulation with problem input 
by an LP solver, we get the fractional solution ݔ} = ′ݔ′௠,ௗ |݉ ∈
݀ and ܯ ∈  Next, we need to round the fractional solution .{ܦ
௠,ௗݔ} = ݔ to get the binary solution ′ݔ |݉ ∈ ݀ and ܯ ∈  We .{ܦ
propose a greedy rounding method based on a priority index 
called request satisfaction value ܵ௥. We determine the value ܵ௥ 
by calculating the amount of a request r that has been satisfied 
with the fractional solution ݔ′ given by the LP solver. 

ܵ௥=∑ ௥,௠௠∈ெೝݕ
ݎ∀ ,|௥ܯ|/ ∈ ܴ                         (3) 

 For example, assume a request ݎଵ  requires modules ݉ଵ , 
݉ଶ, and ݉ଷ i.e. หܯ௥భห=3. Assume we obtain the solution to the 
relaxed problem given by the LP solver, ݔ′௠భ,ௗభ =1.0, 
௠మ,ௗమ′ݔ ௠మ,ௗయ′ݔ ,0.4= =0.6, and ݔ′௠య,ௗర =0.8. Then, we have 
 ௥భ,௠య=0.8. Thus, we can calculateݕ ௥భ,௠మ=1.0 andݕ ,௥భ,௠భ=1.0ݕ
the request satisfaction value ܵ௥భ=0.93 ((1 + 1 + 0.8) / 3). The 
rounding method assigns a higher priority to a request of higher 
ܵ௥ value that corresponds to our objective of maximizing the 
number of satisfied requests. Note that since the value of deci-
sion variable ݔ′௠,ௗ is fractional, the value of ݕ௥,௠ is also frac-
tional. The fractional value ݕ௥,௠  stands for the amount of a 
module m, where m∈ -௥, has been deployed on the edge comܯ
puting platform. 

The pseudo-code for our proposed method to round frac-
tional solution is described as follows. In line 1, we set a Bool-
ean variable updated to false. The variable is an indicator 
showing that if at least one fractional decision variable has 
been rounded, i.e. deploying at least one module in each itera-
tion of algorithm BMDA. We will use the indicator to termi-
nate the process of the rounding procedure. In line 2, we sort 
fractional decision variables based on ݔ′௠,ௗ value in decreas-
ing order. Note that a module m may be deployed on more than 
one device. We prefer to round the largest one. From line 3 to 
line 5, the rounding procedure calculates request satisfaction 
value ܵ௥  for each unsatisfied request r. Then, the procedure 
sorts the r ∈ R based on ܵ௥ in decreasing order. If more than 
one request has the same ܵ௥, we use |ܯ௥| to break the tie (in 
increasing order) because it is easier to satisfy a request with 
smaller size |ܯ௥| (line 6).  

Next, the procedure is to round the fractional solution ݔ′ 
and there are two conditions in the rounding process (line 8). 
First, when there exists an ܵ௥ equal to one, the rounding proce-
dure has to handle the user request r. This is because the ܵ௥ 
equals to one means that the procedure has big chance to de-
ploy all required modules to satisfy the request r. Therefore, 
we should try to handle a request of ܵ௥=1. Second, when no 
any module is deployed in current iteration of rounding proce-
dure, i.e. updated is false, the rounding procedure should keep 
trying to deploy modules on devices. We set the second condi-
tion in rounding procedure to guarantee at least one module to 
be deployed when algorithm BMDA calls rounding method 
every time. The rounding procedure would continue to handle 
requests until ܵ௥ is less than one and updated is true (line 8). 
Our rounding method is designed to gradually obtain the de-
ployment decision	ݔ௠,ௗ, ∀݉ ∈ ݀∀ and ܯ ∈  .for all modules ܦ
After choosing a request r, for each decision variable ݔ௠,ௗ

ᇱ  in 
fractional solution set ݔᇱ we check if the condition in line 11 is 
satisfied. In line 11, the ௗܲ means the number of modules de-
ployed on device d. The ܲ_݅݊ௗ and ܲ_ݐݑ݋ௗ mean accumulated 
ingress and egress module traffic on device d, respectively. If 
the above conditions are met, we deploy the module m on the 
device d, set updated to true (line 12), and break out the loop 
to deploy next module (lines 13). 

Rounding Method 

Input: ݔ}=′ݔ′௠,ௗ|݉ ∈ ݀ and ܯ ∈  ;{௠,ௗ>0′ݔ ;ܦ
Output: The module deployment solution ݔ}=ݔ௠,ௗ|݉ ∈ ܯ  and 
݀ ∈  ;{௠,ௗ=1ݔ ;ܦ
1. Initially, set updated←false; 
2. Sort the ݔ′௠,ௗ ∈ ;௠,ௗ value in decreasing order′ݔ based on ′ݔ
3. for each r ∈ R do 
4. Calculate the request satisfaction value ܵ௥ for each request   

r; 



5. end for 
6. Sort the ݎ ∈ ܴ based on ܵ௥ in decreasing order and uses |ܯ௥| 

to break the tie (in increasing order); 
7. for each ݎ ∈ ܴ do 
8.   if ܵ௥ == 1 or updated == false do 
9.     for each ݉ ∈  ௥ doܯ
10.       for each ݔ′௠,ௗ ∈  do ′ݔ
11.  if there exists matched m of ݔ′௠,ௗ and ௗܲ ൅ ඃݔ′௠,ௗඇ ൑

ௗ and ܲ_݅݊ௗܥ ൅ ௠,ௗඇ′ݔ௜௡ሺ݉ሻඃߙ ൑  ௜௡ሺ݀ሻߚ
 

and ܲ_ݐݑ݋ௗ ൅ ௠,ௗඇ′ݔ௢௨௧ሺ݉ሻඃߙ ൑  ௢௨௧ሺ݀ሻ thenߚ

12.            deploy module m on device d and set updated to true;
13. break; //procedure breaks out the loop and goes to    

line 9 
14.         end if 
15.       end for 
16.     end for 
17.   else 
18.     break; 
19.   end if 
20. end for 

Note that the LP solver tends to satisfy a request with small 
size of |ܯ௥|. The algorithm BMDA is designed to satisfy first 
a request with high ܵ௥  and small size of |ܯ௥|. The BMDA 
would update problem input by removing satisfied requests 
and deployed modules thus reducing the size of |ܯ௥| of re-
quests. Therefore, although a request r is not fully satisfied in 
current iteration of algorithm BMDA, the unsatisfied request r 
will have higher priority to be processed in the next iteration 
due to reduced size of |ܯ௥|. 

We illustrate the concept of algorithm BMDA by taking an 
example as follows. Assume there are three user requests 
 ଷ={݉ସ, ݉ହ} and two devices ݀ଵ andݎ ,ଶ={݉ଷ}ݎ ,ଵ={݉ଵ, ݉ଶ}ݎ
݀ଶ. The storage capacity of ܥௗభ= 2 and ܥௗమ= 1. For explaining 
the rounding method easily, we assume bandwidth capacity of 
all devices is large enough to hold module traffic in the exam-
ple. In addition, all the requests allow the controller to deploy 
required modules on all devices. In the first iteration of algo-
rithm BMDA, the LP solver solves the relaxed problem and we 
get fractional solution: ݔ′௠భ,ௗభ=1.0, ݔ′௠య,ௗభ=0.7,	ݔ′௠య,ௗమ=0.3, 
௠ర,ௗభ′ݔ =0.3, and ݔ′௠ర,ௗమ =0.7. Thus, we have ݕ௥భ,௠భ =1.0, 
-௥య,௠ఱ=0. Then, we calcuݕ ௥య,௠ర=1.0 andݕ	,௥మ,௠య=1.0ݕ	,௥భ,௠మ=0ݕ
late request satisfaction value for each request and get ܵ௥భ=0.5, 
ܵ௥మ=1.0, and ܵ௥య=0.5. We sort all the requests based on ܵ௥ and 
have the processing priority: ݎଶ	>	ݎଵ=ݎଷ. The rounding proce-
dure handles request ݎଶ={݉ଷ} and then rounds ݔ′௠య,ௗభ=0.7 to 
one successfully. Therefore, module ݉ଷ is deployed on device 
݀ଵ and request ݎଶ is satisfied. Since ܵ௥భ is less than one and up-
dated has been set to true after deploying ݉ଷ, the rounding pro-
cedure terminates.  

Algorithm BMDA updates input data into: ݎଵ={݉ଵ, ݉ଶ}, 
 ௗమ= 1. In the second iteration, theܥ ௗభ= 1, andܥ ,ଷ={݉ସ, ݉ହ}ݎ
LP solver outputs: ݔ′௠భ,ௗభ= 0.7,	ݔ′௠భ,ௗమ= 0.3, ݔ′௠ర,ௗభ= 0.3, and 
 ௥య,௠ర= 1.0ݕ ,௥భ,௠మ=0ݕ ,௥భ,௠భ= 1.0ݕ ௠ర,ௗమ= 0.7. Thus, we have′ݔ
and ݕ௥య,௠ఱ= 0,  ܵ௥భ= 0.5, and ܵ௥య= 0.5. The rounding procedure  
selects ݎଵ and rounds ݔ′௠భ,ௗభ= 0.7 to one successfully. There-
fore, module ݉ଵ is deployed on device ݀ଵ. Because ܵ௥య is less 
than one and updated has been set to true after deploying ݉ଵ, 
the rounding procedure terminates. Algorithm BMDA updates 
input data into: ݎଵ={݉ଶ}, ݎଷ={݉ସ, ݉ହ}, and  ܥௗమ= 1. In the 
third iteration, LP solver outputs: ݔ′௠మ,ௗమ=1 and we have ܵ௥భ=1, 
and ܵ௥య=0. The module ݉ଶ is deployed on device ݀ଶ and the 
request ݎଵ is satisfied. Because there is no storage capacity for 
all devices, the algorithm BMDA terminates. In this example, 

two requests ݎଵ and ݎଶ are satisfied by our proposed algorithm 
BMDA. 

3.3.2   Time Complexity Analysis 

We use a popular optimization solver, CPLEX [16], to be 
the LP solver. When CPLEX solves an LP problem, the run-
ning time of the algorithm in CPLEX is proportional to the 
number of constraints [17]. Thus, the time complexity to solve 
the relaxed LP problem is ܱሺ|ܦ||ܯ|ሻ . In  the  rounding 
method, it first takes ܱሺ|ܦ||ܯ|lg|ܦ||ܯ|) to sort the frac‐
tional solution (line 2). Then, it takes ܱሺ|ܴ|lg|ܴ|) to sort 
the  requests R  (line  6). The time complexity of rounding 
method in lines 7, 9 and 10 is ܱሺ|ܴ||ܯ|ଶ|ܦ| ). Algorithm 
BMDA iteratively executes LP solver and rounding the frac-
tional solution. Since the rounding procedure must round at 
least one fractional variable in each iteration, there are at most 
 iterations in BMDA algorithm. The time complexity of |ܯ|
BMDA is ܱሺ|ܴ||ܯ|ଷ|ܦ| ൅ |ܴ|lg|ܴ||ܯ| ൅  .(|ܦ||ܯ|lgሺ|ܦ|ଶ|ܯ|

IV. PERFORMANCE EVALUATION 

In this section, we evaluate the performance of algorithm 
BMDA by simulations. We compare algorithm BMDA with a 
Greedy algorithm, the algorithm MDA [9] and the optimal so-
lution. The Greedy algorithm uses |ܯ௥| and the total required 
module traffic of a request to determine the handling priority 
of each request r. The Greedy algorithm sorts the requests 
based on |ܯ௥| in increasing order and use the total required 
module traffic of a request to break the tie (in increasing order). 
When we compare BMDA with MDA, we assume a special 
case that the bandwidth capacity of all devices is infinity be-
cause MDA does not consider the network bandwidth con-
straint. We use C++ programming language to implement all 
algorithms in a personal computer.  

4.1  Simulation Environment 

In our simulations, the number of required modules |ܯ௥| of 
each request r varies between 1 ~ 5 randomly. We determine 
the required modules ܯ௥ of each request r by selecting from 
all M modules randomly. Also, we determine specified devices 
 .௥ of each request r by selecting from all |D| devices randomlyܦ
For module traffic in the simulations, we generate the traffic 
load based on [18]. The authors in [18] show that traffic char-
acteristic and arrival pattern in data centers properly fit with 
the log-normal distribution. Therefore, we use log-normal dis-
tribution to generate module traffic in our platform. The log-
normal distribution probability density function (PDF) is 
shown in (4). 

݂ሺݒ; ,ߤ ሻߪ ൌ
ଵ

௩ఙ√ଶగ
݁ି

ሺ೗೙ೡషഋሻమ

మ഑మ , ݒ ൐ 0                  (4) 

In our simulations, the mean ߤ is set to 0 while the standard 
deviation ߪ is set to 1. For each device, the value of bandwidth 
capacity varies between 8 ~ 12 with increments of two ran-
domly. As to module capacity of each device, the value of 
module capacity varies between 1 ~ 4 (as an integer) randomly. 
When we conduct simulations with small-scale problem input, 
we set module capacity as 1 ~ 3 randomly. In all the following 
experiments, we run the tests 100 times in each simulation and 
show 95% confidence interval of all tests. 

4.2  Simulation Results 

At first, we conduct the simulation with small-scale inputs. 
We set the number of modules |10=|ܯ and the number of de-
vices |5=|ܦ. We vary the number of total requests |ܴ| from 20 
~ 30 with increments of 2 to determine the satisfied requests. 



We compare the performance of our algorithm BMDA with 
Greedy algorithm and the optimal solution given by CPLEX 
solver. From the simulation result shown in Fig. 4.1, it is obvi-
ous that algorithm BMDA has better performance than Greedy 
algorithm. Furthermore, our algorithm BMDA can satisfy 
about 87% of the number of satisfied requests compared to op-
timal solution, while the Greedy algorithm can satisfy about 
68% of the optimal solution.  

 

Figure 4.1 Satisfied requests vs. different number of requests with small-
scale problem. 

In the next simulation, we also compare our algorithm 
BMDA with algorithm MDA [9]. Figure 4.2 shows the simu-
lation results and it reveals that our algorithm BMDA has bet-
ter performance than MDA and Greedy algorithm. We can ob-
serve that BMDA can satisfy about 87% of the number of sat-
isfied requests by optimal solutions while the MDA and 
Greedy algorithm can satisfy about 69% of the optimal solu-
tions. It is noticeable that the MDA and the Greedy algorithm 
have nearly the same performance. This is because the MDA 
is also a greedy heuristic algorithm. The MDA sorts requests 
based on |ܯ௥| in increasing order while use |ܦ௥| to break the 
tie. Both the MDA and Greedy algorithm first determine han-
dling priority of requests based on |ܯ௥| leading to almost the 
same performance. 

 

Figure 4.2 Satisfied requests vs. different number of requests with small-
scale problem and bandwidth capacity is unlimited. 

In the following, we conduct the simulations with large-
scale problem input without the optimal solution due to the 
time complexity of the optimal solution. We set the number of 
modules ||ܯ	50 = and the number of devices ||ܦ	20 =. We 
vary the number of total requests |ܴ| from 50 to 300 with in-
crements of 50. Figure 4.3 shows the performance of our algo-
rithm and Greedy algorithm under the limited bandwidth ca-
pacity. Figure 4.4 shows the performance of our algorithm, 
MDA, and Greedy algorithm under the unlimited bandwidth 
capacity. Since the 95% confidence interval is small, it is not 
evident in the figures. From Fig. 4.3 and Fig. 4.4, we can ob-
serve that our algorithm BMDA has significant performance 
improvement compared to MDA and Greedy algorithm. Be-
sides, both MDA and Greedy algorithms satisfy about 60% of 
the number of satisfied requests compared to BMDA. 

 

Figure 4.3 Satisfied requests vs. different number of requests with large-
scale problem. 

 

Figure 4.4 Satisfied requests vs. different number of requests with large-scale 
problem and bandwidth capacity is unlimited. 

In Fig. 4.5, we evaluate the performance of algorithm 
BMDA by varying the average size of specified devices ܦ௥ of 
each request r. For the simulations, we set the number of re-
quests |ܴ|=200, the number of modules |50=|ܯ and the num-
ber of devices |20=|ܦ. We determine the average size of ܦ௥ by 
setting a probability when choosing each device. We use the 
normal distribution PDF to assign the probability to choose a 
device. Therefore, a user can select each device by different 
probabilities when determining specified devices ܦ௥ . In the 
simulation, we increase the mean ߤ of the normal distribution 
PDF from 0.1 to 1.0 by 0.1 at regular intervals while the stand-
ard deviation ߪ is set to 0.1. Thus, average size of ܦ௥ would be 
 i.e. 2~20 with increment of 2 at regular intervals in the ,|ܦ|*ߤ
simulations. In Fig. 4.5, we can see that the size of ܦ௥ has a 
significant influence on the number of satisfied requests. This 
is because each module would be located on at most one device 
in the module deployment problem. If a user request r specifies 
larger size of ܦ௥ to deploy its modules in  ܯ௥, it is more likely 
the modules in  ܯ௥ deployed on devices in ܦ௥. From the simu-
lation results, we can observe that our algorithm has higher 
performance than Greedy algorithm for various size of ܦ௥. The 
performance of Greedy algorithm is about 60% of the algo-
rithm BMDA. However, when users allow controller to deploy 
required modules on all devices, i.e. |ܦ௥|	= 20, the number of 
satisfied requests by BMDA and Greedy algorithm get closer. 
This is because a module can be deployed on any device d and 
the module can be used by all the requests.  

 
Figure 4.5 Satisfied requests vs. average size of ܦ௥. 
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In Fig 4.6, we evaluate the performance of algorithm 
BMDA by varying the average size of specified devices ܦ௥ of 
each request r and also compare BMDA with Greedy and 
MDA. The simulation result is similar to Fig 4.5. The perfor-
mance of our algorithm is higher than the benchmark algo-
rithms. The performance gap between BMDA and the bench-
mark algorithms is large when the average size of ܦ௥  is be-
tween 10 and 18. The performance of MDA and Greedy algo-
rithms is about 61% of our algorithm BMDA.  

 

Figure 4.6 Satisfied requests vs. average size of ܦ௥ and bandwidth capacity is 
unlimited. 

In the last simulations, we evaluate the performance of al-
gorithm BMDA under different network size. We vary the 
number of devices |ܦ| from 5~30 with increments of 5 and set 
the number of requests |ܴ| as six times of |ܦ|. The number of 
modules |ܯ| is set to 20. In Fig. 4.7 and Fig. 4.8, we can ob-
serve that algorithm BMDA has better performance than algo-
rithm MDA and Greedy algorithms, under various network 
sizes. We can find that the MDA and Greedy algorithms satisfy 
about 68% of the number of satisfied requests compared to al-
gorithm BMDA. 

 

Figure 4.7 Satisfied requests vs. different size of network. 

 

Figure 4.8 Satisfied requests vs. different size of network and bandwidth ca-
pacity is unlimited. 

V. CONCLUSION 

In this paper, we investigate the problem of module deploy-
ment in the edge computing with limited physical resources 

such as device storage and communication bandwidth. We for-
mulate the problem as an integer nonlinear programming prob-
lem and the objective is to maximize the satisfied user requests. 
To solve the problem efficiently, we design a polynomial time 
algorithm BMDA based on LP relaxation and rounding tech-
nique. The numerical results show that our algorithm can sat-
isfy more requests than Greedy and previous work. In addition, 
the result also reveals that our proposed algorithm BMDA has 
near-optimal performance with polynomial time complexity. 

REFERENCES 
[1] W. Shi, J. Cao, Q. Zhang, Y. Li, and L. Xu, “Edge Computing: Vision 

and Challenges,” IEEE Internet of Things Journal, Vol. 3, No. 5, pp. 
637-646, Oct. 2016. 

[2] O. Salman, I. Elhajj, A. Kayssi, and A. Chehab, “Edge Computing En-
abling the Internet of Things,” in Proceedings of IEEE 2nd World Fo-
rum on Internet of Things , pp. 603–608, Milan, Italy, Dec. 2015. 

[3] M. F. Bari, R. Boutaba, R. Esteves, L. Z. Granville, M. Podlesny, M. 
G. Rabbani, Q. Zhang, and M. F. Zhani, “Data Center Network Virtu-
alization: A Survey,” IEEE Communications Surveys & Tutorials, Vol. 
15, No. 2, pp. 909-928, Sep. 2012. 

[4] A. Ahmed and E. Ahmed, “A Survey on Mobile Edge Computing,” in 
Proceedings of IEEE 10th International Conference on Intelligent Sys-
tems and Control, pp. 1-8, Coimbatore, India, Jan. 2016.  

[5] R. Cziva and D. P. Pezaros, “Container Network Functions: Bringing 
NFV to the Network Edge,” IEEE Communications Magazine, Vol. 55, 
No. 6, pp. 24-31, Jun. 2017. 

[6] K. Kaur, T. Dhand, N. Kumar, and S. Zeadally, “Container-as-a-Ser-
vice at the Edge: Trade-off between Energy Efficiency and Service 
Availability at Fog Nano Data Centers,” IEEE Wireless Communica-
tions, Vol. 24, No. 3, pp. 48-56, Jun. 2017. 

[7] R. Morabito, “Virtualization on Internet of Things Edge Devices with 
Container Technologies: A Performance Evaluation,” IEEE Access, 
Vol. 5, pp. 8835-8850, May. 2017. 

[8] F. Ramalho and A. Neto, “Virtualization at the Network Edge: A Per-
formance Comparison,” in Proceedings of WoWMoM, pp. 1-6, Coim-
bra, Portugal, Jun. 2016. 

[9] H.-J. Hong, P.-H. Tsai, and C.-H. Hsu, “Dynamic Module Deployment 
in a Fog Computing Platform,” in Proceedings of IEEE 18th Asia-Pa-
cific Network Operations and Management Symposium, pp. 1-6, Kan-
azawa, Japan, Oct. 2016. 

[10] M. Satyanarayanan, P. Bahl, R. Caceres, and N. Davies, “The Case for 
VM-Based Cloudlets in Mobile Computing,” IEEE Pervasive Compu-
ting, Vol. 8, No. 4, pp. 14-23, Oct. 2009. 

[11] S. Yi, C. Li, and Q. Li, “A Survey of Fog Computing: Concepts, Ap-
plications and Issues,” in Proceedings of the ACM 2015 Workshop on 
Mobile Big Data, pp. 37-42, Hangzhou, China, Jun. 2015. 

[12] C. Guo, G. Lu, H. J. Wang, S. Yang, C. Kong, P. Sun, W. Wu, and Y. 
Zhang, “Secondnet: A Data Center Network Virtualization Architec-
ture with Bandwidth Guarantees,” in Proceedings of the ACM 6th In-
ternational Conference, No. 15, Philadelphia, Pennsylvania, Nov. 
2010. 

[13] N. G. Duffield, P. Goyal, A. Greenberg, P. Mishra, K. K. Ramakrish-
nan, and J. E. van der Merive, “A Flexible Model for Resource Man-
agement in Virtual Private Networks,” in Proceedings of the ACM 
SIGCOMM, pp. 95-108, Massachusetts, USA, Aug. 1999. 

[14] T. Benson, A. Akella, and D. A. Maltz, “Network Traffic Characteris-
tics of Data Centers in the Wild,” in Proceedings of Conference on In-
ternet Measurement, pp. 267-280, Melbourne, Australia, Nov. 2010. 

[15] M. G. Lagoudakis, “The 0–1 Knapsack Problem An Introductory Sur-
vey,” The Center for Advanced Computer Studies, University of 
Southwestern Louisiana, 1996 

[16] CPLEX. Available: https://www-01.ibm.com/software/commerce/op-
timization/cplex-optimizer  

[17] D. A. Spielman and S.-H. Teng, “Smoothed Analysis of Algorithms: 
Why the Simplex Algorithm Usually Takes Polynomial Time,” Jour-
nal of the ACM, Vol. 51, No. 3, pp. 385-463, May. 2004. 

[18] T. Benson, A. Anand, A. Akella, and M. Zhang, “Understanding Data 
Center Traffic Characteristics,” ACM SIGCOMM Computer Commu-
nication Review, Vol. 40, No. 1, pp. 92–99, Jan. 2010.

 

0
20
40
60
80

100
120
140
160
180
200

2 4 6 8 10 12 14 16 18 20

S
at

is
fi

ed
 r

eq
u

es
ts

Average size of Dr

BMDA

 MDA

 Greedy

0
10
20
30
40
50
60
70
80

5 10 15 20 25 30

S
at

is
fi

ed
 r

eq
u

es
ts

Number of devices

BMDA

 Greedy

0
10
20
30
40
50
60
70
80

5 10 15 20 25 30

S
at

is
fi

ed
 r

eq
u

es
ts

Number of devices

BMDA

 MDA

 Greedy



<<
  /ASCII85EncodePages false
  /AllowTransparency false
  /AutoPositionEPSFiles true
  /AutoRotatePages /None
  /Binding /Left
  /CalGrayProfile (Dot Gain 20%)
  /CalRGBProfile (sRGB IEC61966-2.1)
  /CalCMYKProfile (U.S. Web Coated \050SWOP\051 v2)
  /sRGBProfile (sRGB IEC61966-2.1)
  /CannotEmbedFontPolicy /Error
  /CompatibilityLevel 1.4
  /CompressObjects /Tags
  /CompressPages true
  /ConvertImagesToIndexed true
  /PassThroughJPEGImages true
  /CreateJobTicket false
  /DefaultRenderingIntent /Default
  /DetectBlends true
  /DetectCurves 0.0000
  /ColorConversionStrategy /CMYK
  /DoThumbnails false
  /EmbedAllFonts true
  /EmbedOpenType false
  /ParseICCProfilesInComments true
  /EmbedJobOptions true
  /DSCReportingLevel 0
  /EmitDSCWarnings false
  /EndPage -1
  /ImageMemory 1048576
  /LockDistillerParams false
  /MaxSubsetPct 100
  /Optimize true
  /OPM 1
  /ParseDSCComments true
  /ParseDSCCommentsForDocInfo true
  /PreserveCopyPage true
  /PreserveDICMYKValues true
  /PreserveEPSInfo true
  /PreserveFlatness true
  /PreserveHalftoneInfo false
  /PreserveOPIComments true
  /PreserveOverprintSettings true
  /StartPage 1
  /SubsetFonts true
  /TransferFunctionInfo /Apply
  /UCRandBGInfo /Preserve
  /UsePrologue false
  /ColorSettingsFile ()
  /AlwaysEmbed [ true
  ]
  /NeverEmbed [ true
  ]
  /AntiAliasColorImages false
  /CropColorImages true
  /ColorImageMinResolution 300
  /ColorImageMinResolutionPolicy /OK
  /DownsampleColorImages true
  /ColorImageDownsampleType /Bicubic
  /ColorImageResolution 300
  /ColorImageDepth -1
  /ColorImageMinDownsampleDepth 1
  /ColorImageDownsampleThreshold 1.50000
  /EncodeColorImages true
  /ColorImageFilter /DCTEncode
  /AutoFilterColorImages true
  /ColorImageAutoFilterStrategy /JPEG
  /ColorACSImageDict <<
    /QFactor 0.15
    /HSamples [1 1 1 1] /VSamples [1 1 1 1]
  >>
  /ColorImageDict <<
    /QFactor 0.15
    /HSamples [1 1 1 1] /VSamples [1 1 1 1]
  >>
  /JPEG2000ColorACSImageDict <<
    /TileWidth 256
    /TileHeight 256
    /Quality 30
  >>
  /JPEG2000ColorImageDict <<
    /TileWidth 256
    /TileHeight 256
    /Quality 30
  >>
  /AntiAliasGrayImages false
  /CropGrayImages true
  /GrayImageMinResolution 300
  /GrayImageMinResolutionPolicy /OK
  /DownsampleGrayImages true
  /GrayImageDownsampleType /Bicubic
  /GrayImageResolution 300
  /GrayImageDepth -1
  /GrayImageMinDownsampleDepth 2
  /GrayImageDownsampleThreshold 1.50000
  /EncodeGrayImages true
  /GrayImageFilter /DCTEncode
  /AutoFilterGrayImages true
  /GrayImageAutoFilterStrategy /JPEG
  /GrayACSImageDict <<
    /QFactor 0.15
    /HSamples [1 1 1 1] /VSamples [1 1 1 1]
  >>
  /GrayImageDict <<
    /QFactor 0.15
    /HSamples [1 1 1 1] /VSamples [1 1 1 1]
  >>
  /JPEG2000GrayACSImageDict <<
    /TileWidth 256
    /TileHeight 256
    /Quality 30
  >>
  /JPEG2000GrayImageDict <<
    /TileWidth 256
    /TileHeight 256
    /Quality 30
  >>
  /AntiAliasMonoImages false
  /CropMonoImages true
  /MonoImageMinResolution 1200
  /MonoImageMinResolutionPolicy /OK
  /DownsampleMonoImages true
  /MonoImageDownsampleType /Bicubic
  /MonoImageResolution 1200
  /MonoImageDepth -1
  /MonoImageDownsampleThreshold 1.50000
  /EncodeMonoImages true
  /MonoImageFilter /CCITTFaxEncode
  /MonoImageDict <<
    /K -1
  >>
  /AllowPSXObjects false
  /CheckCompliance [
    /None
  ]
  /PDFX1aCheck false
  /PDFX3Check false
  /PDFXCompliantPDFOnly false
  /PDFXNoTrimBoxError true
  /PDFXTrimBoxToMediaBoxOffset [
    0.00000
    0.00000
    0.00000
    0.00000
  ]
  /PDFXSetBleedBoxToMediaBox true
  /PDFXBleedBoxToTrimBoxOffset [
    0.00000
    0.00000
    0.00000
    0.00000
  ]
  /PDFXOutputIntentProfile ()
  /PDFXOutputConditionIdentifier ()
  /PDFXOutputCondition ()
  /PDFXRegistryName ()
  /PDFXTrapped /False

  /CreateJDFFile false
  /Description <<

    /BGR <>
    /CHS <FEFF4f7f75288fd94e9b8bbe5b9a521b5efa7684002000410064006f006200650020005000440046002065876863900275284e8e9ad88d2891cf76845370524d53705237300260a853ef4ee54f7f75280020004100630072006f0062006100740020548c002000410064006f00620065002000520065006100640065007200200035002e003000204ee553ca66f49ad87248672c676562535f00521b5efa768400200050004400460020658768633002>
    /CHT <FEFF4f7f752890194e9b8a2d7f6e5efa7acb7684002000410064006f006200650020005000440046002065874ef69069752865bc9ad854c18cea76845370524d5370523786557406300260a853ef4ee54f7f75280020004100630072006f0062006100740020548c002000410064006f00620065002000520065006100640065007200200035002e003000204ee553ca66f49ad87248672c4f86958b555f5df25efa7acb76840020005000440046002065874ef63002>
    /CZE <>
    /DAN <>
    /DEU <>
    /ESP <>
    /ETI <>
    /FRA <>
    /GRE <>

    /HRV (Za stvaranje Adobe PDF dokumenata najpogodnijih za visokokvalitetni ispis prije tiskanja koristite ove postavke.  Stvoreni PDF dokumenti mogu se otvoriti Acrobat i Adobe Reader 5.0 i kasnijim verzijama.)
    /HUN <>
    /ITA <>
    /JPN <FEFF9ad854c18cea306a30d730ea30d730ec30b951fa529b7528002000410064006f0062006500200050004400460020658766f8306e4f5c6210306b4f7f75283057307e305930023053306e8a2d5b9a30674f5c62103055308c305f0020005000440046002030d530a130a430eb306f3001004100630072006f0062006100740020304a30883073002000410064006f00620065002000520065006100640065007200200035002e003000204ee5964d3067958b304f30533068304c3067304d307e305930023053306e8a2d5b9a306b306f30d530a930f330c8306e57cb30818fbc307f304c5fc59808306730593002>
    /KOR <FEFFc7740020c124c815c7440020c0acc6a9d558c5ec0020ace0d488c9c80020c2dcd5d80020c778c1c4c5d00020ac00c7a50020c801d569d55c002000410064006f0062006500200050004400460020bb38c11cb97c0020c791c131d569b2c8b2e4002e0020c774b807ac8c0020c791c131b41c00200050004400460020bb38c11cb2940020004100630072006f0062006100740020bc0f002000410064006f00620065002000520065006100640065007200200035002e00300020c774c0c1c5d0c11c0020c5f40020c2180020c788c2b5b2c8b2e4002e>
    /LTH <>
    /LVI <>
    /NLD (Gebruik deze instellingen om Adobe PDF-documenten te maken die zijn geoptimaliseerd voor prepress-afdrukken van hoge kwaliteit. De gemaakte PDF-documenten kunnen worden geopend met Acrobat en Adobe Reader 5.0 en hoger.)
    /NOR <>
    /POL <>
    /PTB <>
    /RUM <>
    /RUS <>
    /SKY <>
    /SLV <>
    /SUO <>
    /SVE <>
    /TUR <>
    /UKR <>
    /ENU (Use these settings to create Adobe PDF documents best suited for high-quality prepress printing.  Created PDF documents can be opened with Acrobat and Adobe Reader 5.0 and later.)
  >>
  /Namespace [
    (Adobe)
    (Common)
    (1.0)
  ]
  /OtherNamespaces [
    <<
      /AsReaderSpreads false
      /CropImagesToFrames true
      /ErrorControl /WarnAndContinue
      /FlattenerIgnoreSpreadOverrides false
      /IncludeGuidesGrids false
      /IncludeNonPrinting false
      /IncludeSlug false
      /Namespace [
        (Adobe)
        (InDesign)
        (4.0)
      ]
      /OmitPlacedBitmaps false
      /OmitPlacedEPS false
      /OmitPlacedPDF false
      /SimulateOverprint /Legacy
    >>
    <<
      /AddBleedMarks false
      /AddColorBars false
      /AddCropMarks false
      /AddPageInfo false
      /AddRegMarks false
      /ConvertColors /ConvertToCMYK
      /DestinationProfileName ()
      /DestinationProfileSelector /DocumentCMYK
      /Downsample16BitImages true
      /FlattenerPreset <<
        /PresetSelector /MediumResolution
      >>
      /FormElements false
      /GenerateStructure false
      /IncludeBookmarks false
      /IncludeHyperlinks false
      /IncludeInteractive false
      /IncludeLayers false
      /IncludeProfiles false
      /MultimediaHandling /UseObjectSettings
      /Namespace [
        (Adobe)
        (CreativeSuite)
        (2.0)
      ]
      /PDFXOutputIntentProfileSelector /DocumentCMYK
      /PreserveEditing true
      /UntaggedCMYKHandling /LeaveUntagged
      /UntaggedRGBHandling /UseDocumentProfile
      /UseDocumentBleed false
    >>
  ]
>> setdistillerparams
<<
  /HWResolution [2400 2400]
  /PageSize [612.000 792.000]
>> setpagedevice


